the only valuation of K (up to equivalence) extending the valuation v' o .
In this paper, we consider the problem of existence and construction of elements with the uniqueness property for (K, v)/(K 0 , v 0 ) when K is a function field of a conic over K o \ that is K = K 0 (x,y), where (x,y) satisfies an irreducible polynomial relation of degree 2 over K o and v is a residually transcendental extension of v 0 .
In 1988, Polzin showed that the existence of elements with the uniqueness property for a residually transcendental extension (K, v)/(K 0 , v 0 ), where K is a one variable function field over K o (any genus) for which the algebraic closure of K o in K is a purely inseparable extension of K o and where the rank of v is 1, is equivalent to the so called "Local Skolem Property" (cf. [12] ). His proof is based on rigid analytic geometry and uses a result of Matignon [7, p. 197, Thm. 3] which itself depends upon a structure theorem for affinoid domains proved in [4, p. 160, Thm. 1] . For any genus a 1, he shows [12, p. 129, Rk. 1] the existence of examples where the "Local Skolem Property" is not satisfied (this gives rise to valued function fields without the uniqueness property) and for genus 0 (i.e. function fields of conies [1, Chap. 16, Thm. 6] ) he shows that the "Local Skolem Property" is always satisfied and so they have the uniqueness property. Our goal here has been to give an elementary proof of the result which not only shows the existence of an element with the uniqueness property but also gives a method to construct it explicitly. It may be remarked that in the particular case when K is a simple transcendental extension of KQ and rank v is 1, a direct proof based on valuation theory for the existence of elements with the uniqueness property has already been given by Matignon and Ohm (see [8, Thm. 0.1] We now prove the following result. Case I. VQ has unique extension, say w 0 to K 0 (c).
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We shall prove the following statements. (1) Applying Luroth's Lemma [13, p. 197] , we see that
As in [10, Prop. 4.3] , it can be easily seen that the value group of w is Proof of (ii). Proceeding exactly as in the above paragraph, one can prove (ii). We omit the proof. 
.2], D
h is independent of the choice of residually tr. element t.
The following result of Matignon and Ohm (whose proof is omitted) is quoted for future reference (see [9, Cor. 2.3.2]). THEOREM 
Let L o c L, w 0 , w, E, I, R, and D h be as above. (i) There exists an element of L which satisfies the uniqueness property for w/w 0 if and only ifE = IRD h holds. (ii) / / w 0 is of rank 1, then any residually transcendental element t of L for which [L : L 0 (t)] is E, satisfies the uniqueness property for w/w 0 .
We now recall some results from [5] . Let (z)).
Since q(z) e L 0 [z], being of degree less than n, has no root in D', it follows from (6) and (7) 
that w(P(zY) = w(q(z)). We shall denote P(z) s /q(z)
by f By virtue of (5) 
With the above notations we prove two lemmas. LEMMA 
If y is an element of D' which is algebraic of degree n over L o , then its minimal polymomial F(X) over L o satisfies w(P(z)) = w(F(z)) and (P(z) s /q(z))*-(F(z)
s /q(z))* + 8, for some 8 algebraic over l 0 .
Proof. Suppose to the contrary that w(P(z))¥=w(F(z)). On interchanging the roles of /3 and y if necessary, assume that w(P(z))<w(F(z)).
Then the w-residue of
and hence is tr. over / 0 , which is impossible as both P(z) s -F(z) s and q(z) are of degree less than E =sn. For the same reason, the w-residue of (P(z) s -F(z) s )/q(z) must be algebraic over / 0 .
The following lemma can be quickly proved using (7) and the strong triangle law. We omit its proof. Since zz = b, the monic polynomial Pi(z), defined by
<r(P(z)) = 2 c,t + z" = c 0 P,{z)lz n ,

1=0
has degree n and is not divisible by z. If r denotes the degree of the polynomial q(z), then it can be easily seen that cr{q{z)) = q\(z)lz r , where q^z) is a polynomial of degree at most r. Consequently
where h(z) = Co~sz sn~r qi(z) is a polynomial of degree at most sn none of whose roots is in D'. It now follows from Luroth's Lemma and (9) that which in view of (10) yields
Arguing similarly, we see that
Two cases are distinguished.
Case I. w 0 is the unique prolongation of v 0 to K 0 (c). In this case, we shall prove the following statements. 
where A = max(w'(j3), -w'(p)). Set
i=0
We claim that there exists a root j3' of R(X) such that w'(]8 -/?') > /n. Suppose not; then for each root a, of R(X), w'((5 -a,) < /x; consequently
